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ANANTHZEIZ
[MPOTEINOMENOY AIAFQNIZMATOZ

MAGHMATIKQN MPOTANATOAIZMOY
OPIA - ZYNEXEIA ZYNAPTHIHE

OEMA A

A1. (a) ZxOAIKO O€h 76
(B) ZxoMhiko6 oeA 31, 33
(y) ZxoAiko o€ 73

A2. ZwaoTth, ZwaTr, ZwaTh.

A3. AavBaopévn
AmoAoynon: . aveivar f(x) =—x>
vwg 1oyxuel ot f(X) < g(x
Xlg(] f(x) < i X) agou |X

0

=X, Xx=0 T101€ TIPOQYQ-
X, =0, aMa dev 10)UEl

A4. 1y, 20, 3a, 40, 55, 6B, 79, 8a

GEMA B

B1. (a) [pokUtel & dl ouvexnc oTo [—2,1) u(1,3) u(3,5} Kl OoUVeE-
XAS O =1.
( I gUVEXAG KaI yvnaiwg augouaa (amodeikvieral pe opiopé) OTO (3,5]. Ero1

T0 GUVOMO TIHWV €ival
£((3,51) =(lir§}f(x), f(S)} ~(1-¢%,0]

Makade x,,x, €(0,+0) e
X1<X2
x}<x? ka Inx, <Inx
1 2 1 2

xf +11r1x1 <X +11r1x2

N W oW

xi’ +Inx, —e<x; +Inx, —e
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h(x1 ) < h(x2 )
Eto1n h eival yvnoiwg atgouoa ato (0,+oo)

(B) Nakabe x,,x, e(O,+oo) Vi3

X, <X,

h(x1 ) < h(x2 ) ( h yvnoiwg atéouga)
(gof)(x,)<(gof)(x,)
g(f(x,))<g(f(x,))

f(x,)<f(x,) (gywnoiwga

Eto1n f eival yvnoiwg atouoa oto (0

L lim (2w) =

w—2

=lim [(2@2 —7w)g(w) + 5] =
=(8-14)(—o0) +5=

= 400

QP10 £xel vonua yia kaBe o € R.
MNa a#7 eival

X2 —8x +7 lim(x? —8x+7) 0

lim =227 = =0
-7 X—Q& lim(x — o) 7 -«
X—7

2ehida 2.




—

JOPOTHMO=

IATPIKO - TEXNOAOFIKO - OEAQPHTIKO )

Ay. Kwvatavtivou 11 - TMeipaidg - A 21042 24 752
Avarratoewg 81 — Keparaivi — TnA 210 46 12 555

e [0 ax=7 csival
X2 =8x+7 .. xX*-8x+7
Iim——— =lim——— =

7 X - =7 x—=7
(x=7)(x— 1)
e, X—7
=lim(x-1)=6

X—7

OEMA A
M. Tha x=0 cival

MNa x>0 eival

-1<nux<1

X X X

Emeidn hm i =0 epapuodlovtag kpitipIo TTapePBoAnG eival hm Tw =0 (1)

Tehikd 10 (moupavo ép1o Ba givai:
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(1)

lim f(1) = lim f(x) = lim (x —3ﬂj =+ (2
x—0" X—>+00 X—>+00 X

(B)
. 2310 220 @) 23¢-22°
lim - = lim =
x>0 202310 2022 wsix 2023° —2022°
23" (1- 2%;)
0—>+00 ® 20229
2023" (1- %22
. 23
= lim (
W—>+00 2023
Agou Iim( 2 ) -
W—>+00 2023
A3. Oewpolpe ouvapmon g(x xe[ ,+oo). Emeidr amé m oxéon (2)

gival lim f(x) =40 kai lim 4e gival

X—>+00 X—>+00

lim g(x) = limg e‘x)z

X—>+00 X—>f00

))=f(0)—4e’=-3-4=-7<0
© }: §(0)-g(1) <0
g(n)>0
10 Bewpnua Bolzano 6a utdpyel TouhdyiaTov éva X, € (O,p) wote g(x,)=0.
ofh e¢iowon g(x) =0 <> f(x)=4e™™ éxe pia TouhayiaTov BeTIKA pida X, .

Empéheia Aiaywviouarog:  Tpnyépns MmateBavidng
AéaTroiva ZwrnpotroUAou
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